Let G be a simple graph of order n (G) 
complete bipartite graph Kl,m with m i> 2, and the unique vertex v of this star of degree m is called the center.
A
set DC V(G) is a dominating set of G if N[D, G] = V( G), and D is a cover-
ing of G if every edge of G has at least one end in D. The domination number 7(G), and the covering number fl(G) of G is the cardinality of a smallest dominating set, and a smallest covering of G, respectively. A set of pairwise non-adjacent vertices of G is an independent set of G. The cardinality of a maximum independent set is called the independence number ~(G) of the graph G. Let T be a non-trivial tree. If we substitute each edge in T by two parallel edges and then subdivide each edge we call this resulting graph a Ca-cactus. Let G be a graph and = {Hx Ix E V(G) and Hx ~ 0} be a family of graphs disjoint from each other and from G, indexed by the vertices of G. The corona G o ~-of the graph G and the family ff is the disjoint union of G and the graphs Hx, x E V(G), with additional edges joining each vertex v of G to all vertices of Hr. If all graphs of the family are isomorphic to one and the same graph H, then we shall write G o H instead of Go~.
Preliminary results
The first three propositions are easy to prove and well-known.
Proposition 2.1. If G is a 9raph, then 7(G)<<. ~(G), and if I(G)--{0, then v(G)<~ fl(G).

Proposition 2.2 (Gallai [3]). If G is a 9raph, then ~(G) + fl(G)= n(G).
Proposition 2.3 (Ore [6]). If G is a 9raph with/(G)--0, then v(G)<~ Ln(G)/2J.
Proposition 2.4 (Volkmann [9]). Let G be graph with I(G) = @ and y(G) = fl(G). If H is a factor of G without isolated vertices, then v(H)=fl(H)= v(G)=-fl(G), and v(H') = fl(H') for each component H' of H.
In the proofs of our main results Proposition 2.4 will be frequently applied. The following observation, which Teschner and the second author have made in 1995, is suitable for separating the problem into two parts. For reason of completeness, we shall give here the short proof. Proof. Suppose to the contrary that 6(G)~>3. If T is a minimum covering of G, then T is also a dominating set, and because of 7(G)= fl(G)--ITI, even a minimum dominating set of G. Since V(G) -T is an independent set, it follows N(x, G) c T for all x E V(G)-T. If we choose three vertices u, v, w C N(a, G) for a vertex a E V(G)-7", then we observe that (T U {a})-{u, v} is also a dominating set of G. This contradiction yields the desired result. [] In 1981, Laskar and Walikar [5] posed the problem of characterizing those graphs for which the domination number is equal to the covering number. Until now, however, only a few classes of such graphs have been characterized. For example, Payan and Xuong [7] in 1982, and independently Fink, Jacobson, Kinch and Roberts [2] in 1985 have shown that G= C4 or G =H oKl for an arbitrary connected graph /4, are all graphs of even order with 7(G)= ]3(G)= n(G)/2. Furthermore, Straeke (see [9] ) characterized in 1990 all trees G, and Volkmann [9] in 1994 all chordal and unicyclic graphs G for which y(G)=/~(G). It is the purpose of this paper to give a complete solution of the 15 years old problem of Laskar and Walikar. Because of Proposition 2.5, it is sufficient to investigate graphs with minimum degree two or one. As an interesting application of our results, we determine the connected graphs G with 7(G) = Ln(G)/2J, i.e., we obtain all extremal graphs in the well-known inequality of Ore [6] from Proposition 2.3. With a completely different method, independently around the same time, Cockayne, Haynes and Hedetniemi [1] also characterized the graphs G with 7(G)= ~n(G)/ZJ. 
Graphs with minimum degree two
minimum covering of G. Then there exists a connected induced C4-cactus subgraph H=H(D) containing D with d(x,G)=d(x,H)=-2 for all vertices x E (V(G) -D) N V(H).
ProoL Since the statement of Theorem 3.5 is valid for G = Ca, we now assume that Proof. In the first step of the proof we shall show that (i)-(iii) are valid if 7(G)=fl(G). Without loss of generality we consider a minimum covering D with (ii) The set Ai is a minimum covering of G; for i E {1 .... Next we shall show that 3(LI)= 1 is not possible. Suppose to the contrary that there exists an i E {1,..., m} with 6(LI)--1. If L I =/£2, then it is not difficult to obtain a contradiction to 7(G)= fi(G). Hence, we assume that L~ ¢ K2. Now the factor of G' contains no isolated vertex, and so we conclude that y(L~)= fi(L~). 
. l}. Since D is a partite set of the bipartite graph G', containing the subsets A; and N(g2(G), G), there is no vertex of Ai adjacent to a vertex ofN(g2(G), G). Now let G~ C Gi be the graph induced by the vertices which are not adjacent to a vertex of N(f2(G), G). Then d(x, G~)~>2 for each x ¢ V(G~)-Ai. First, we show that G~ is connected. Suppose to the contrary that there exist two components Jl and J2 of G[ with A~I)=A;NV(J1) and A~ 2) =Ai N V(J2). Since Gi is connected, there exists a vertex v E V(G;)-A; in the neighbourhood of N(~(G), G) and two vertices a l,a2 E N(v, Gi) such that a l E A~ 1) and a2 cA~ 2). Now it is easy to see that D -{a~,a2} U {v} is a dominating set of G, a contradiction. Using analogous arguments we obtain d(x,G[)>~2 for every x EA;. Note that Ai=Ain V(G~). This means that G[ is a connected graph with 6(G[)>~2. Since the inequality y(G~)<fl(G~) immediately yields a contradiction to 7(G)=fl(G), we also deduce that 7(G[)=/~(G~), and hence Proposition 2.5 implies ,~(G[
)
G'[N[f2(G), G] U I(G*
Graphs with 7(G) = Ln(G)12J
As an application of our main results we shall characterize all connected graphs G with 7(G)= Ln(G)/2J. 
Lemma 5.1. Let G be a graph without isolated vertices and D be a minimum dominating set of G. If DIC_ D such that G'= G-N[D', G] contains no isolated vertices, then
2[Dl1 ~< [N[D', G][ ~21D' t + n(G) -27(G).
Theorem 5.2. Let G be a connected graph with ?(G)= Ln(G)/2J and y(G)= fl(G). • If n(G) is even, then G = C4 or G =HoKi for an arbitrary connected graph H. • If n(G) is odd and 6(G) = 2, then G is a C4-cactus, consisting of two cycles or G is a C4 together with a further vertex which is adjacent to two non adjacent vertices of the C4, i.e. the complete bipartite graph Kz3. • If n(G) is odd and 3(G) --1, then the following five cases are possible:
(1) tN(f2(G),G)I = IO(G)I-1 and G--N[O(G),G]=~3.
(4) [N(f2(G),G)I-----IO(G)[ and G-N[f2(G),G] is a bipartite graph
N(f2(G),G)I that IN(f2(G),G)I=[I2(G)I and N[N(f2(G),G),G]-N[~2(G),G]=O.
Furthermore, since G is connected, we obtain G =H o KI for an arbitrary connected graph H. Now we discuss the case n(G) = 2p + 1 and 7(G) =/~(G) = p. If 3(G) = 2, then Lemma 3.1 implies that G is a bipartite graph. If A and B are the partite sets with IAI<~IB [, then we deduce from Corollary 3.7 that 2~<1A1~<3. If IA[=3, then G is a C4-cactus, consisting of two cycles, and if IAI--2, then G is the complete bipartite graph 1£2, 3. In the remaining case 6(G)= 1 let D be a minimum dominating set of G. Without loss of generality we may assume that N(f2(G),G)C_D. With D' =N(f2(G) ,G) in ( 
